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Abstract: Recently, type-II Dirac fermions characterized by strongly titled Dirac cones have been 
proposed. The new fermions exhibit unique physical properties different from the type-I Dirac 
fermions in graphene, and thus attract tremendous attentions. Up to date, all type-II fermions are only 
found in the heavy compounds with strong spin obit coupling. Here, we propose that both type-I and 
type-II Dirac fermions can exist in the graphene embedding nitrogen line defects. While the types of 
Dirac fermions are determined by the size W of graphene nanoribbons between the line defects. By 
comparing the two types of Dirac fermions, their different physical properties and originations are 
revealed directly. Remarkably, the type-I Dirac points induce one Fermi arc corresponding to edge 
states along the armchair direction, while the type-II Dirac points induce two Fermi arcs 
corresponding to two sets of edge states along the zigzag direction. These results not only expand our 
views on the Dirac fermions in two-dimensional structures, but also extend their applications in 
electronics. 
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1. Introduction  
Since 2004, graphene has been extensive studied because of its excellent electronic properties 
and extensive applications [1-3]. Most unique electronic properties of graphene are originated from 
its special band structure with Dirac cones [4-10]. Therefore, exploring physical properties of Dirac 
fermions and finding related materials have been an advanced field in condensed matter physics. 
Recently, a new type of Dirac fermions has been proposed and attracted tremendous attentions. It is 
characterized by strongly titled Dirac cones, and thus emerge at the boundary between electron and 
hole pockets. The new fermions are named as type-II Dirac fermions, in contrast to the type-I Dirac 
fermions in graphene [11, 12]. The two types of Dirac fermions exhibit very different physical 
properties. For example, the materials possessing type-I fermions are semimetals because the Fermi 
surface consists of isolated Dirac points, while those possessing type-II fermions are metals because 
of hole/electron pockets around the Fermi surface [11, 13-15]. Up to date, type-I Dirac fermions have 
been observed in lots of two- and three-dimensional materials [16-20]. However, type-II fermions are 
only found in a few heavy compounds, such as PtSe2, WTe2 and MoTe2, hoping that the strong 
spin-orbit coupling (SOC) could help achieve a nontrivial band structure [11, 12]. It is naturally to 
ask if the type-II Dirac fermions can exist in the materials with negligible SOC, especially in 
graphene and its derivatives. 
On the other hand, a number of functionalized methods have been adopted to tune graphene's 
electronic properties, such as doping and defects [21-25]. For the doping, N dopants are widely used, 
and N-doped graphene have been experimentally synthesized by chemical vapor deposition, thermal 
annealing graphite oxide with melamine and hyperthermal ion implantation, etc [26-28]. Various 
significant effects after N doping have been investigated [28-32]: band gap of graphene can be 
modulated by N delta-doping [32]; charge transfer, shift of the Fermi level and localized electronic 
state are found in N-doped graphene [31]. As to the defects, different defects in graphene have been 
studied theoretically and experimentally, such as Stone-Wales defects, 5-8 rings [33, 34]. Besides 
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these localized defects, special line defects are also observed in graphene [21, 35-38]. A line defect, 
containing pentagonal and octagonal (5-8) rings embedded in a perfect graphene sheet, has been 
reported [34, 35, 39, 40]. The defect acts as a quasi-one-dimensional metallic wire, which may form 
building blocks for atomic-scale electronics [41, 42].   
Here, we study electronic properties of graphene with nitrogen linear defects (NLD), using the 
first principles methods. By varying the widths W of graphene nanoribbons between the NLD, a 
series of structures can be obtained. Interestingly, both type-I and type-II Dirac fermions are found in 
these line defect structures. When W = 3n-1 and 3n (n is an integer), the structures have standard 
Dirac cones around the Fermi level, producing type-I Dirac fermions. When W = 3n+1, the structures 
have anisotropic tilted Dirac cones. The tilted Dirac cones cross the Fermi level and form 
hole/electron pockets, producing type-II Dirac fermions. The originations of the two types of Dirac 
fermions are explained by tight-binding models. All the Dirac fermions exist in the "bulk" rather than 
the line defects, which is different from the cases that defects induce Dirac fermions [43, 44]. 
Remarkably, there exist different edges states linking the two types of Dirac points. In the type-I and 
type-II Dirac materials, one and two Fermi arcs are formed between the type-I and type-II Dirac 
points, respectively.  
2. Model and Computational Methods 
Figure 1 shows the atomic structure of graphene embedding periodically NLDs, where the 
nitrogen molecules are implanted at the edges of armchair nanoribbons. Thus, the graphene 
nanoribbons are connected by 5-8 rings. The width of graphene nanoribbon between two line defects 
is labeled as W, and then the defect structure is named as NLD-graphene-W. When W is changed, a 
series of structures can be obtained. Figures 1(a) and 1(b) present two kinds of NLD-graphene-W, 
where W are even and odd, respectively. The dashed lines show the primitive cells of the two 
structures.  
 4 
 
 
Figure 1. Atomic structures of NLD-graphene-W with W being an even number (a) and odd numbers (b), 
respectively, where W represents the width of armchair graphene nanoribbons. Blue and black balls represent N and 
C atoms, respectively. The unit cells are shown in dashed lines. The t1, t2, t3 and t4 represent the hopping energies 
between different atoms. 
We performed first-principles calculations based on the density functional theory (DFT) 
formalism as implemented in Vienna ab initio simulation program package (VASP) [45]. The 
Perdew-Burke-Ernzerhof (PBE) functional was employed for the exchange-correlation term 
according to generalized gradient approximation (GGA) [46, 47] . The projector augmented wave 
(PAW) method [48] has been used to represent the atomic cores. The kinetic energy cutoff of 500 eV 
was adopted. The atomic positions were optimized using the conjugate gradient method, the energy 
and force convergence criteria were set to be 10-5 eV and 10-2 eV/Å, respectively. A vacuum region of 
10 Å was added to avoid interaction between adjacent images. A fine Monkhorst-Pack k-points 
meshes [49] were chosen to sampling the Brillion Zone (BZ) 
3. Results and Discussions 
In Fig. 2, the band structures of six NLD-graphene-W structures are shown. It is known that the 
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band structures especially band gaps of armchair graphene nanoribbons are dependent on their 
widths in a period of three [50, 51]. The band structures in Fig. 2 indicate that the electronic 
properties of NLD-graphene are also related to the width W. When W = 3n-1, a Dirac point appears 
on the Fermi level along M - Y and closes to the high symmetry point Y (see Figs. 2(a) and 2(b)). 
When W = 3n, there is a Dirac point along Γ- X and closing to Γ, as shown in Figs. 2(c) and 2(d). All 
the Dirac points in the two cases are crossed by two bands with inverse-sign slopes, which are called 
type-I Dirac points. The locations of the Dirac points in the first BZ for W = 3n-1 and 3n are shown 
in Figs. 3(a) and 3(b), respectively. According to the time reversal or inversion symmetries, each case 
has two Dirac points on the high-symmetry k paths parallel to the axis kx. Figures 3(d) and 3(e) 
present the corresponding Dirac cones around the Dirac points, respectively. One can find that the 
Dirac cones are similar to the cones in the band structure of graphene. They are type-I Dirac cones 
and correspondingly produce type-I Dirac fermions. Therefore, type-I Dirac fermions exist in the 
NLD-graphene with W = 3n-1 and 3n. 
When W = 3n+1, there exist a crossing point along Γ- Y, as shown in Figs. 2(e) and 2(f). 
Different from the crossing points in the cases of W = 3n-1 and 3n, the point here is crossed by two 
bands with same-sign slopes. One band has a larger slope while the other is close to a flat band. This 
kind of crossing point is called type-II Dirac point[11, 12] . According to the symmetry, there are two 
type-II Dirac points along the axis ky in the first BZ (see Figure 3(c)). In Fig. 3(f), we plot 
corresponding type-II Dirac cone around the points, which is obviously different from those in Figs. 
3(d) and 3(e). It is a strong anisotropic cone with a tilted center axis. The cone crosses the Fermi 
level and thus forms hole and electron pockets. Then, two closed rings constitute the Fermi surface, 
as shown in Fig. 3(c), while the type-II Dirac points are contact points of the two rings. In this case, 
the line defect structures possessing type-II Dirac fermions are metals rather than semimetals. 
 
 6 
 
 
Figure 2. Band structures and PDOS of NLD-graphene-W with (a) W=5, (b) W=11, (c) W=6, (d) W=12, (e) W=7 
and (f) W=13, respectively.  
As mentioned above, type-I and type-II Dirac points are crossings of different types of bands. 
To analyze the bands, in the right panels of Figs. 2(a), 2(c) and 2(e), we calculate the projected 
densities of states (PDOS) for the defect structures with W = 3n-1, 3n and 3n+1, respectively. One 
can find that the band edge states around the Fermi level are all contributed by pz orbitals of C and N 
atoms. The type-I Dirac bands of W = 3n-1 and 3n are all attributed to the common contributions of 
N and C atoms. However, the case of type-II Dirac bands is different: the large-slope band is 
attributed to both C and N atoms, while the small-slope band is only attributed to C atoms. To 
display the different characteristics of the two types of bands clearly, in Fig. 4, we compare their 
charge densities of states. Figure 4(a) presents two states (D1 and D2) around the type-I Dirac point 
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in Fig. 2(b), while Fig. 4(b) presents two states (D3 and D4) around the type-II Dirac point in Fig. 
2(f). In the states D1, D2 and D3, the electron distribute in the "bulk" including N and C atoms. 
However, in the state D4, no electrons distribute on the N atoms, instead the electrons are only 
"localized" in the graphene nanoribbons. In another words, the state D4 is a quasi-one-dimensional 
state rather than a "bulk" state. We note that the states D1, D2 and D3 corresponds to the large-slope 
Dirac bands, while the state D4 corresponds to the small-slope Dirac band. This implies that 
formation of the type-II Dirac point is related to the quasi-one-dimensional (Q1D) "localized states" 
in the graphene nanoribbons. 
 
Figure 3. The first BZ of NLD-graphene-W with (a) W=3n-1, (b) W=3n, (c) W=3n+1. The red dots in (a) and (b) 
represent locations of the type-I Dirac points, while the green dots in (c) represent locations of the type-II Dirac 
points. The blue and pink solid lines in (c) represent crossing rings of hole/electron pockets and the Fermi level. 
(d-e) Type-I Dirac cones in NLD-graphene-W with W=3n-1 and 3n, respectively. (f) Type-II Dirac cone in 
NLD-graphene-W with W=3n+1. The gray planes in (d-f) represent the Fermi level. One can clearly find that the 
type-II Dirac cone cross the Fermi level and then forms hole and electron pockets. 
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To further explore originations of the two types of Dirac bands, we use a tight-binding model to 
explain evolution of band structures with orbital interactions. Because only pz orbital has 
contributions to the bands around the Fermi level, a single orbital tight-binding Hamiltonian is 
adopted to describe electronic properties of the defect structures, 
𝐻𝐻 = (𝜀𝜀𝐶𝐶�𝑎𝑎𝑖𝑖†𝑎𝑎𝑖𝑖 +
𝑖𝑖
𝑡𝑡1 � 𝑎𝑎𝑖𝑖†
𝑖𝑖𝑖𝑖
𝑎𝑎𝑖𝑖 ) +  (𝜀𝜀𝑁𝑁�𝑏𝑏𝑙𝑙†𝑏𝑏𝑙𝑙 +
𝑙𝑙
𝑡𝑡2 � 𝑏𝑏𝑙𝑙†
𝑙𝑙𝑙𝑙
𝑏𝑏𝑙𝑙) 
+𝑡𝑡3 ∑ 𝑎𝑎𝑖𝑖†𝑖𝑖𝑙𝑙 𝑏𝑏𝑙𝑙 + 𝑡𝑡4 ∑ 𝑎𝑎𝑖𝑖†𝑖𝑖𝑖𝑖 ′ 𝑎𝑎𝑖𝑖 ′ ,                              (1) 
where 𝑎𝑎𝑖𝑖
†/𝑏𝑏𝑙𝑙†  and 𝑎𝑎𝑖𝑖/𝑏𝑏𝑙𝑙  represent the creation/annihilation operators, the first two terms are 
Hamiltonians of graphene nanoribbons and N molecules, respectively, the third term represents 
interaction between the nanoribbons and N molecules, while the last term represents the interaction 
between the graphene nanoribbons. 𝜀𝜀𝐶𝐶  and 𝜀𝜀𝑁𝑁 are site energies of C and N atoms, 𝑡𝑡1, 𝑡𝑡2 and 𝑡𝑡3 
are hopping energies of C atoms in graphene nanoribbons, N atoms and between them, respectively, 
and 𝑡𝑡4 is hopping energy between C atoms in two neighboring graphene nanoribbons. All hopping 
energies are illustrated in Fig. 1(a).  
 
Figure 4. (a) Charge densities of states at D1 and D2 in Fig. 2(b), respectively. (b) Charge densities of states at D3 
and D4 in Fig. 2(f), respectively. 
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Figure 5. (a1)-(c1) DFT band structures of N-edged armchair graphene nanoribbons with widths W = 5, 6, 7. 
The atomic structures of the N-edged armchair graphene nanoribbons are shown in the insets. Tight-binding band 
structures of NDL-graphene-W with (a2)-(a4) W=5, (b2)-(b4) W=6 and (c2)-(c4) W=7 by varying the hopping 
energy t2, respectively. The other parameter are t1=-2.36 eV, t3= -3.12 eV and t4= 0 eV. When t4=-0.3 eV, the 
tight-binding band structures are marked as blue dashed lines in (a4), (b4) and (c4). 
The evolutions of tight-binding band structures with 𝑡𝑡2 for NLD-graphene-5, 6 and 7 are 
shown in Figs. 5(a2-c4). When 𝑡𝑡2 = 0, it means that there are no interactions between the N-edged 
nanoribbons, and thus the band structures along Γ - X for the line defect structures should be similar 
to those of N-edged nanoribbons. For comparison, in Figs. 5(a1-c1), we present band structures of 
the N-edged nanoribbons with W = 5, 6, and 7 by DFT calculations, respectively. Comparing Figs. 
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5(a1-c1) with Figs. 5(a2-c2), one can find that the tight-binding results fit well with the DFT results. 
The band gaps of W = 5 and 6 are larger than that of W =7. When 𝑡𝑡2 > 0, the interaction between 
N-edged nanoribbons increases with 𝑡𝑡2. Seen from Figs. 5(a3-b4), for the NLD-graphene-5 and 6, 
the bands labeled as 1 and 2 gradually close together with the increase of 𝑡𝑡2. After crossing, band 
inversion induces the formation of type-I Dirac points. While the band evolution of NLD-graphene-7 
is different, as shown in Figs. 5(c3-c4). The band 2 is very sensitive to the variation of 𝑡𝑡2, while 
band 1 is insensitive and always flat along Γ - Y. The insensitivity of band 1 further proves that band 
1 is induced by the Q1D "localized states" in graphene nanoribbons. After the two bands cross, band 
inversion induces a tilted type-II Dirac cone.  
The former discussion about the band evolution with 𝑡𝑡2 is based on the case of 𝑡𝑡4 = 0, i.e., we 
do not consider the interactions between graphene nanoribbons. As 𝑡𝑡4 ≠ 0, it nearly has no effect to 
the type-I Dirac bands (see the dashed lines in Figs. 5(a4) and 5(b4)), because these bands are mainly 
affected by 𝑡𝑡2. However, 𝑡𝑡4 has a significant effect on the flat band in Fig. 5(c4). The flat band 
becomes a linear band with a small slope, which is more close to the DFT results in Fig. 2(e). 
Therefore, one can conclude that the type-II Dirac bands are originated from weak interactions 
between the Q1D "localized states" in the graphene nanoribbons. 
In Fig. 6, we calculate edge states of the two types of Dirac materials. Figures 6(a) and 6(b) 
present band structures of NLD-graphene-5, 6 after cutting along armchair direction, respectively. 
The two 2D structures possess type-I Dirac points on the k path parallel to the axis kx. These Dirac 
points are projected into the band structures of 1D nanoribbons, which is labeled as red circles in 
Figs. 6(a) and 6(b). There exists a obvious Fermi arc between the Dirac points. This is somewhat 
similar to the case of graphene. However, the edge states in these defect structures are along 
armchair direction, while those in graphene are along zigzag direction. Figure 6(c) presents band 
structure of NLD-graphene-7 after cutting along zigzag direction. The type-II Dirac points are also 
projected into the band structure of 1D nanoribbon (see the green circles in Fig. 6(c)). It is noted that 
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there exist two Fermi arcs between the Dirac points. One of them is merged into the bulk states while 
the other is clearly seen below the Fermi level.  
 
Figure 6. Band structures for nanoribbons of NLD-graphene-W with (a) W=5 and (b) W=6 along armchair direction, 
with (c) W=7 along zigzag direction. The red circles in (a) and (b) are projections of the type-I Dirac points, and the 
red lines are Fermi arcs. The green circles in (c) are projections of the type-II Dirac points, and the green lines are 
Fermi arcs between the points. 
4. Conclusions 
We have studied electronic properties of NLD-graphene, by using the first-principles method 
and tight-binding model. The line defect structures exhibit diverse band structures, depending on the 
size W of the armchair-edged nanoribbons between line defects. There are standard type-I Dirac 
bands around the Fermi level when W = 3n-1 and 3n. When W = 3n+1, type-II Dirac fermions are 
found, with strongly titled Dirac cones. The analysis of PDOS and a tight-binding model explains the 
origination of the different Dirac fermions. The two types of Dirac points leads to two kinds of edge 
states: the type-I Dirac points induce one Fermi arc corresponding to edge states along the armchair 
direction, while the type-II Dirac points induce two Fermi arcs corresponding to two sets of edge 
states along the zigzag direction. 
It is noted that this is the first time that type-II Dirac fermions are found in the light-element 
structures with negligible SOC. Moreover, these type-II Dirac points are easy to be observed in 
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experiment, because no any other bands cross the Fermi level. Our studies provide a good supporter 
not only to find type-II Dirac fermions but also to compare the difference between type-I and type-II 
Dirac fermions. This expands our views on the Dirac fermions in two-dimensional structures, and 
also extend their applications in electronics.  
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